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qu—e : Technical data on 3I-ET intervals -

Numerical | Interval | Fractional Fre qguenc Ratio Relation o
Notation | Notation| Ratio C" in Cents | Just Ratio
0=73| 1 1.00 261 éz Hz. |0.D 1/, =0.0c.
[ £1-bb2 | 1,02261144 26745 %71  |2yi5~41.06c.
o 1 #1 M... 04573415  1273.595 [F149 [R¥aa-70.67c.
3 H1 b2 [, 0893797 279.7% 11613 |5 =1175c.
4 x1-+2 |[.0925599| 2%6. 1| |54 ¥4
5 = 1.11¥256%7 292.5% 19355 [¥y-20941 %1824
6 £2-bb3 | L1433 5729% 249.19 232,26 [97-23L17..
........ 1. LB bD [RISTPI0NT 19056 121097 | Y2487,
¥ #2 b3 |1.19% 87327 312.3y 1309.09 |¢/5-315.4.
9 x2- |3 | [.22291369 31995 45,39
[0 3 1.25056552 327.185 |3%7.10 |5/4-3%¢3le.
y $3- bt | 12798426 334.5%y  |425%| [3%4s5-417.3%c.
|2 #3- 4 | 1.307175907 342,15 46452
& 4 1.3373293% 249.9Y5  [503.23 [*/3-49%,045c.
4 4 -bb5 | 1.36756%32 257.%0 541.94
4D kb | 13984710 1365.94  |5%0.65 [¥s-552.5]c.
1A #4L5 43011259 374.16 |619.35 (o 0749
17 x4 |5 | 146244979 3%2.62  |65%.06
Y 5 1.4955178% 391(.27 696,77 [3/4-Toia55c.
19 ¥5- bbb | [,52933369 400.12 T35%Y
220 L D k6 | 1.5631412 40907 . |TT419 |2%e-172.63¢.
2 #5-56 | ,599276446 442  |¥(2.90 |¥5-813.64e.
22 x5- b6 | |.63543%4 427.9% ¥51.61
73 6 [.6724 50| 437,55 $90.32 |5/2-%%4,3¢ <.
24 F6-bb7 | 17102337y 447,45  [929.03
29 | #6: T | 174590462 (457,965 |TET.TY | Va-265.83e.
24 #6- b7 | 179444957 46791 (00645 [14-94, D?g%‘wﬂ#c.
27 x6- V7 | 1.92%8%92¥ 47%.49 [045.16
2y ¢ [.8§70243]| 4%9.3| 1083.97 |z -10%8.27-.
29 ¥7-b1 | 14125319F 500,375 |[122.5%|%¥s-129.33c.
E10) #7 1 | 1.955797107 511,69 [161.29
3|=0 1 2.00 523,25 1200.0 | % —i200.0..

ﬂne M*,'evvals (W\ nmmencqf no{-a-,"on) gramper/( WI‘Hq 'H4€w ihversions
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-29 10-21 discrete Table of Functions , which

3 "ZY “ —20 o(e‘?mcs CVC}/ 0$5>fol& mH‘ﬂf‘V\ eX‘n’o“mg

510 =N that particdlar m‘!"m'nml rcla{'aanshx!o

536 12—1Y

6 -25 =7
T ~E% I5—16




Fl'j ure 9

+he exfended

(All measurements are in

The diffevence in inferval size between 3|-ET. and

Quarter-comma Meantone
Cents

Tuminﬁ :

Interval ? 5
Nember: imjm«g 31-E.T. [Pare Mem\‘fone D,iq?fc_grf.mq

22> x5 -Lb 1 ¥5L.61l o} ¥SETE ¢ FESD

T=%2-}13 |99 8 ¢c.] 35135 < 2.925
27- % 6- |7 104516 <. | [047.99 c. 2.1

14~ ¥4 bb5 | 54194 <. | SH44T7 c. 2.5%

{= #1-bb2 |3Y%. 71 c.| 41.05 c. 2.34

19— $5- bbb | T354% c.| 737,63 <. 2.15

b— #2-bb31232.26 c.| 234,21 c. 1O

24- £6-bb7 1 929.03 c. | 930.79 <- 1,76

11~ #3- b4 |425%] .| 427,37 <. L.561 Tub-dowminant
95751 (11125Y < 1R = [.37| dlirection
16— #4-b5 |619.35 c. | 62053 <. P i

3-#1-b2 |116.13 < | 1I7.105 c. g5 ]

2~ #5- b6 |¥12.90 c. | F13.6¥ <. 0.7%

Y -#2- b3 |309.6% c. |3]0,26 <. 0.5¢
26—-#6- b7 |1006.45 .| 100684 <. 0,39

13- 4 503.23 <.| 50342 c. 0.19

0=31- | OGU =+ Y = 0.0 ¢l Ionic |
T~ 5 §96.77 c. {676 50 = 11

5 9 19350 <. | 19516 <. 0.39

23— 4 T332 .| FV T & 0.5¢%

10— 3 ¥ 710 c| 996,31 < 0.7%

g 7 [093.87 c.{1092.%995 <. 0.975 N
15—#4- |5 |550.65 c.| 579.47 <- 1.1 | Dommant
T=F - L1 TIF]l .| T6085 =- 1.37 | Direction
20~#5 b [T74.19 c.|T72.63 c. .54

T-—#2:b3 127097 c.| 26F.21 <. L2516
25-#6- b7 |967.14 c.|965.79 <. [.95

1 -%5 FT H61.52 c.| 962,957 c- 2.15

30-#7- -1 |1161.29 c.|115%.95 <. 2.34

[7-x4 -5 65506 c.| 655.53 c. 2,53
H-x1:- 52 11980 c 1152 1 ¢ 2.9%

227 x5 L6 |¥91.6] c| §4%.6%5 <. | 2.925
4q-x2-131324%.%31 c.| 345.26 ¢ —3.13

Meantone Fisth = patio ATS = 14954 = {94.579 cents

The “pure”’ meantone ‘f‘um;nj can be <vac55<a( as a line of Fifths n which
+the vatios are all mmH-;Ples 0of two and Five. Below is a sample of
Fow-f' of the live (in Fanctional notation ) with aPlproFrim‘f'c vatios -

----b;b—zkl—-bg—-bz—bg—ba—w—%-—1 5—2 {;——533-—57;#‘2_—#;%—#2 -----
&Y T PiE 2, wE R SBES 5
BT SESB S A5 W L T 2B DOH A




f’,’cj_ure [0: A 9o|mP[e from the book of Functional Tubles for 3I-ET

Duad 4-22 (Neutra! Thivol-Neutval Sixtla)
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Certain Functions on the
table ave mavked as Fl’vmmmﬂ'
Onl/ these mec-hons a'f;s[;lay
awmﬁ A SLMVP m«m{
F{m" (ied]]- 20 means bt - #—'5)
A” other ‘Func-['m)ns inyolve
semi-Flats or semi- slnéw s, for

mstunce [¥-27 (or 5= L—76

IV\ fact a\” of “Hqc D'/\mo{ CIMSSCS
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whrc‘]cem%es on o r/fe{-_m,‘g/e
Pa+cL. in Hmc 57/5‘1’CW\ Move
complex harmaonies (E Tr.owls,
’TE-hro\o{s peyri'am{s ete. ) are
eithey symmd’r;ca or Vion-sy mmetrical.
Those which are not sy mmefy <ol
Lmvc F’rp-over' cow: »m<m‘f‘ ‘FoYm;j
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Figurc 1 A Smm/:le Tetrad Srom the book of Functional Tables For 3I-ET
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= ’g 5 g))florm . wnctionKesolve Yo Sab-dommant | Field Dnaramm :
1" 20 2y 46r E
3 B 2t 29 (b)- 2 >
Lg l,‘g Z?é 30 ?7; —F F ‘DOM\ MV‘+ 'o"epe\ral')'o.p'/ G\\
2 0 (19)-Bwmavry Function-resolve to m
T L (- 7 R R o B
1 4 (i) @) (A E
¥ ¥ 96 35 (1D~ N
a’ lg{ 27 Lf §12) - P Bl (F) ..... =G
H--20. 2% 5 2% — Secondary Powimant”
TEE TR (243__ )/ n 5\\(1)) ..... (A)E
= 0 7 (29)- Bl (F) - C
s -0 3 (14)'ﬂfmary Function
. -1 T (17 . We can see (From
& 5 31 0 09 examiving the Wheels)
T 26 3 @d)- et T Fannliar
o 9 9 1 (90 harmony is not
[§ 26 5 13 (0)-The Dominant -resolves o Tonic | Sy e real,
4 29 6 |4 (])- ¢ Fundction In bmckd's
20 30 7 15 @()- fo the right of +he
1t 0 g |6 3)-Fimary Fanction attern fuuchion is the
= L 1 17 &), ; D Enoﬁ‘l' u}_Smo\l rcscol;\éioy\.
g% 5 1% (5)-Sccond BEUE = or instance
- " L) o' unt resolves to F']Major .
29 5 4 1 (7)- Note , however, +hat
2L 5 13 21 @)- another natural vesolution
i £ & = - is +o DmA or AmA
S 15 13 (D) Secondory Domivient (as seen from +he paH‘em
™ % £ % 4p- 7 on the Ficld Diagram
%0 1 1] 2% (o) and Srom the Wheel of

Fifths ).



‘Mre_ IR sam[gle Tetvad from the book of Functional Tables Fov 3FET.

) p—

nic 9@»’[65 DommamL vacnﬂf\ lfﬂ’éiO{ 57 (C%rowwdm Gemm




F_l'\q;ure 13 A Samlafé Triad From the book of Funchional Tables for 3-ET.

Triao(—“l/\/ol?"Maéorﬂmol ( Enharmonic G\ew&s

a8 B

+ WIN —|O

A

v 9y 59
2 23 ©
5 2 AR
0 35 7
6 98 3
7 ¥
9 5
s 99
oW
B n ¥
- SEEraas
22 10
23 3 ||
< 5 i3
25 5 13
%t B
2 3 i5
2% 16
o T 17
30 10 Iy

E¥
g Fb

m

(Zl) ‘Pn'mary Fvlnd‘iovl
Gn- 7
(26§—ﬁUMinqn+ Function

(24)~
(29)-
&éi-

@7

@y)- Fr‘omirmn F-Dominant Prcf).

(29)-

(30)-

(O)’vanim«n‘!‘ Function
(1) -

(2] —Frimnry Function
(3) - %

&)~

<5> "Fromiwanf' Function
(6) -

(7) -

(¥)-

@) -

OO)"’ﬂt'MAry Function
Q- =

(12)-

(13)~Frominant Function
(14)-

(15)"7romiwayrf' Function
(16)-

(7)-

(%) - Bominant Function
1)

20~

Pé(HCYv\ on H’)C F»'El(/( Diaﬂram

o The natural
N resolution for

(N’)*(Eb) this dissonance
Fb*(cb (s Mo\kkeﬂ( b)/
E#\ \B# +he asftrn’Sk’S‘j

Abb that is 5 the

¥ C Wolf Ma\}brﬁ{aof

naturally moves
4’0 either /\lo minorTrma{ or Yo
Fb Major Triadd. T hese resolutions
dre also marked (M and wm)
on the Functional Table. I+
must be emPMsizca(, howcver,
that this resolution pattev, |s
not the only one. Other paths
su ﬁes-l— Haemselves From +he
Witee| of F{'F'Hvs (W{-Hqim the
rcﬁ';an bouvxa{ﬁ(/( b7 C und G#),
TWus evel, dissonant structures
such as this have chavacteristic
resolutions inferred from The

Freld 'Diaamw\ ond Wheel of Fifths.

Note that the chaunge of one
Yone (Cto C3F)+ransSorms +he
Wolf MajorTriaA info a Just
Major Tsad (CA-Et-GE). feve
is a very “non-Tradibional” form
of resolution,



Fn'%mvc 14 : A so\mPle PmHerV\ from +he book o Functional Tpbles for 31-ET.

A Chromatic Mndeco\d (11 note Pm—HCrn):
A

Sy A
8 Z 7%
N, @
R
Zakuap:
c al'»@¢’9»
NN ’1’
\‘Q'" v A
\DEEEA
",’ ] "Ad“ v
Db N »
“
W2
Eb
=Y Y B B F Zl 23 26 2% —Frime Pattern on Hcla(Dl'asmm:
‘; 5 T O " 4‘} 2T 9. DA :
7 1 |2 15 20 38 15 iy W= RS N
g Y “ 13 Ié Zl 2"‘" Zé 13 0 ’ane, '3{)’:/__\ {_\ /___}
.- B N gy 15 77 W AW X7
¥ ® B 5B U Yy 0 72 —Frime . Db—-\Ab/—\Eb/"“\fg‘o/
e W 06 1% 2F 721 19 U 9
e v w9 96 a9 30 2 M~ This patern is an 11
13 16 19 21 20 24 0 3 6 -frime | note seqment of the.
B % 515 1 77 0.0 4 £ circle o€ Fifths , stopping
3 15 (Y 20 23 2¥ 0 Z 5 71 ~Prime | shortof the [2% tone
CEETEE OEE VEE S S 5 & ¥FT which infroduces the
& & & 98 %0 2 4 T 917 Aissonant (Wolf) Fifth.
B 2y 10 b % 5 ¥ I ~Prime | The PaH'evn is symmetricy|.
e Y T 5 2 9 hC Note +hut there are 11
N B s 9y 2 5 7 0 @|;- Primary FMVK‘HOV‘;,
BB % i 7 3 ¢ % o0 which! become the 1
B = 35 29 30 4 1 % = B *modes” o€ the pattery.
& % 0L 217 0 95 ¥ 10 13 15 brime Ln 31-ET. complex
= = 37 9 | & 9 e o s stripetures , like
B e s 2 7 0 11 s fi- chvomatic scales or
2% 20 11 0 3 ¥ I I3 16 W—Fume | ©eh wore complex
S S B 4 9 2 & g & atterns , have “modes!
7, 75 0 25 10 I3 (5 IS 20 Frime | The many subsets of
1Y - I 1% & M i this havhony include
2 F 115 17 18w Harmonic Series Seventh
% 0 3 5 ¥ 13 16 15 21 23-Prime |Tetrad (Db-F-Ab-B),
& 5 1 4 11 19 21 B8 As well as Twao submingy
s 7 0 |5 v 0 1% & e o tyiads (on Db ave Ab, Eﬂ.
8 L ¥ I i m LA AL*B*EL)MV\ also two
7 L‘\ ’7 q .17 3D 7_2 25 27— gulpcr—Major (Chvonmf:c Gl(yms)

Triads,on Aand E ) .
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